Problema J140. Let n be a positive integer. Find all real numbers x such

that
nn+1)

o) + [20] + -+ L) =

Proposed by Mihai Piticari, ”Dragos-Voda” National College, Romania
Solution by Ercole Suppa, Teramo, Italy
For each positive integer n define the function
folz) = x| + |22] + -+ + [nz]
Clearly, f(z) is nondecreasing. Observe that:

o if x <1 then

1

fn($)<1+2+---+n=@

e if x =1 then )
fn(l):1+2+...+n:%

oif1§x<1+%thenk§k‘x<k‘+%forallk:2,3,...,n,so

n(n+1)

falz) =142+ ---+n= 5

oifle—i—%then

fn<1+i)= L1+;J+{2+2J+---+{n—1+";1J+[n+ZJ _

=14+24---+(n—-1)+(n+1)=

:@H

Therefore, our equation is satisfyied for all x € R such that 1 <z <1+ % O



