Problema U115. Let a, =2 — ,n=1,2,.... Prove that

vai+az + -+ aig
is an integer.
Proposed by Titu Andreescu, University of Texas at Dallas

Solution by Ercole Suppa, Teramo, Italy

The nested radical formula leads to
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By setting b, = \/n? + (n — 1)? we get a, = byy1 — b,. Thus

Vai +v/ag + -+ y/arg = (b — b1) + (bg — b2) + -+ + (bi2o — b11o) =
=biogg — b1 =V 1202 41192 — 1 = 168

and we are done. O



